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Winterberg’s conjectured breaking of the superluminal quantum correlations over large distances
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We elaborate further on a hypothesis by Winterberg that turbulent fluctuations of the zero point field may
lead to a breakdown of the superluminal quantum correlations over very large distances. A phenomenological
model that was proposed by Winterberg to estimate the transition scale of the conjectured breakdown, does not
lead to a distance that is large enough to be agreeable with recent experiments. We consider, but rule out, the
possibility of a steeper slope in the energy spectrum of the turbulent fluctuations, due to compressibility, as a
possible mechanism that may lead to an increased lower-bound for the transition scale. Instead, we argue that
Winterberg overestimated the intensity of the ZPF turbulent fluctuations. We calculate a very generous corrected
lower bound for the transition distance which is consistent with current experiments.

I. INTRODUCTION

A compelling paradox in our current understanding of na-
ture is the fundamental inconsistency between the non-locality
of quantum mechanics and the Lorentz invariance demanded
by the theory of relativity. This inconsistency can be con-
cealed to a large extent because it is possible to formulate rel-
ativistic quantum theories that predict Lorentz-invariant sta-
tistical behaviour. Thus, from a strictly empiricist standpoint,
all appears to be well since non-locality cannot be exploited
to transmit information. The inconsistency becomes more ob-
vious when one attempts to formulate a Bohmian interpreta-
tion of quantum mechanics [1-6]. Then it becomes necessary
to introduce the quantum potential interactions which violate
Lorentz invariance. There is also the problem of making the
equilibrium condition p = ||*> Lorentz invariant [7]. Though
resolving this latter problem is possible for the case of non-
interacting but entangled particles [8], the non-local nature of
the quantum potential interaction is unavoidable by any in-
terpretation that agrees with experiment [9]. Even when one
decides to avoid the problem of interpretation altogether (by
ignoring it) one still has to contend with the presumably in-
stantaneous entanglement between distant quanta in situations
such as the well-known EPR two-photon experiment [10—13].

The original Aspect experiment [14] confirmed the exis-
tence of quantum entanglement over a range as large as 10
meters by confirming the violation of Bell’s inequality. More
recent experiments have extended the range, initially to 4 km
[15], and subsequently to 11 km [16—18] and even 50 km [19].
Winterberg [20] observed that we cannot presume, on the ba-
sis of these experiments, that quantum correlations will indef-
initely continue to hold over larger distances. For example,
it would be a bold extrapolation from a 11 km experiment to
presume that quantum correlations persist over interstellar and
intergalactic distances. He also noted that the notion that the
collapse of the wavefunction occurs instantaneously is proba-
bly an unjustified idealization. It may be more reasonable to
expect that quantum correlations propagate at a finite superlu-
minal speed, which may be significantly larger than the speed
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of light, but nonetheless finite.

If it is true that quantum correlations break down beyond
a certain “transition” length scale, then we are lead to the
following implications: First, when we switch into a differ-
ent inertial reference frame, the transition length scale should
be expected to contract over certain directions in accordance
with the Lorentz transformation. Consequently, it becomes
possible to establish a unique reference frame “at rest”, as the
reference frame where the transition length scale is constant
in all directions. This then, makes the idea of the original
pre-Einstein theory of relativity by Lorentz and Poincare com-
pelling once again [21]. Furthermore, if the propagation speed
of the superluminal interactions responsible for the collapse of
the wavefunction is indeed finite, that would then indicate the
existence of a medium through which these interactions are
transmitted.

Winterberg proposed the hypothesis that this medium is the
field of zero-point vacuum energy, also known as the ZPF field
[20, 22]. The physical reality of the ZPF field has been estab-
lished experimentally by the Casimir effect [23]. However
the underlying physical principles that govern the ZPF field
at the Planck scale are poorly understood. According to Win-
terberg, the simplest possible model for the ZPF field is as a
“Planck-mass plasma” of two coupled superfluids, one with
positive mass particles and one with negative mass particles
[24-28]. Under small perturbations, the Winterberg Planck-
mass plasma is analogous to a compressible fluid with p o p?
[24]. Winterberg [22] conjectured that over large length scales
this medium undergoes turbulent fluctuations which disrupt
the quantum correlations at length scales where the turbulence
energy spectrum exceeds the ZPF energy spectrum.

Although the physics of the ZPF field at the Planck scale is
currently unknown to us, if it is assumed that the ZPF field is
Lorentz invariant, then it must follow the Boyer energy spec-
trum

E(k) = hek?, €]

which can be shown [29, 30] to be the only Lorenz invari-
ant spectrum as long as it is infinitely extended to arbitrarily
large wavenumbers k. More realistically, k£ should be cut off
at wavenumbers corresponding to the Planck length scale r),,
in which case Lorentz invariance would be broken only when
the Planck length scale is approached. The cutoff wavenum-



ber defines a length, which in turn can define a rest reference
frame as the one where the cut-off length is isotropic. The
truncated spectrum

_ [ hek?, itk < 2n/r,
E(k) = { 0, if k > 2n/r, @

is still Lorentz invariant in terms of slope and numerical co-
efficient [31]. However, the cutoff scale contracts under a
Lorentz transformation like any other length. It remains a
point of controversy whether or not the actual Planck length
scale is the same or different for different observers. Accord-
ing to the recently proposed “double special relativity theory”
[32] (DSR), the Planck length scale should be the same for all
observers. Under DSR, Eq. (2) would also be invariant for
all inertial frames of reference. However, that would still not
necessarily apply to the quantum correlations breakdown tran-
sition scale, which would still define a rest reference frame.

Knowing the energy spectrum of the ZPF field makes it pos-
sible to estimate the transition length scale 1y where quantum
correlations break down by finding the transition wavenum-
ber ko where the Boyer energy spectrum is comparable with
the energy spectrum of the ZPF turbulent fluctuations. The
salient feature of this approach is that it is reliant only on
our assumptions concerning energy spectra, and does not in-
volve further speculative modelling assumptions. Winterberg
[22] used the Kolmogorov-Batchelor [33-35] energy spec-
trum E(k) oc k~/3 and showed that

Ao = 126734 m, (3)

where « represents the degree of turbulent fluctuations and
ranges as 0 < « < 1. For « = 1, we get the lower-bound
length scale of 12m which is too small to be consistent with
the experiments of Gisin [16—19]. Winterberg [22] proposed
that one should use instead the evaluation k = 10> , which
is equal to the spatial temperature variation observed in the
cosmic microwave radiation. This choice was thought to be
plausible because “the microwaves are refracted by the fluc-
tuating gravitational field of the eddies” [36]. Nonetheless, a
simple calculation shows that, contrary to Winterberg’s claim,
this only gives us one more order of magnitude:

Ao = 12(1073)73%m ~ 120m. 4)

This is still too small to agree with experiments.

In the present paper we will consider the ramifications of
weakening the assumption that the ZPF turbulent fluctuations
are governed by the Kolmogorov scaling k>/3. The idea is
that a steeper slope will give a larger value for the transition
length scale. We will show that even with steeper slopes we
still do not get a transition scale larger than 10 km. Instead,
we will argue that the choice k = 107 is too large because it
corresponds to an unrealistically large energy dissipation rate.

The paper is organized as follows. The energy spectrum of
the turbulent fluctuations is discussed in section 2. We recal-
culate the transition length scale in section 3. The problem of
guessing the parameter « is discussed in section 4. Conclu-
sions are given briefly in section 5.

II. THE SPECTRUM OF ZPF TURBULENCE

The underlying assumption of Kolmogorov’s theory of tur-
bulence [33-35] is that energy is injected into the system at
small wavenumbers by random forcing, which is then cas-
caded to larger wavenumbers where it is being dissipated. Be-
tween the forcing range of wavenumbers where energy comes
in, and the dissipation range of wavenumbers were energy
comes out, it is assumed that there is a so-called “inertial
range” of wavenumbers through which the energy is trans-
ferred to small scales via nonlinear interactions. This theory
has been confirmed both experimentally [37, 38], and repeat-
edly with numerical simulations [39]. There has also been
considerable progress towards formulating a statistical theory
of the energy cascade [40—42]. On the other hand, it is im-
portant to note that the theory has only been investigated ex-
tensively in the context of incompressible turbulence, and it is
not obvious that it is applicable for compressible turbulence.

For the simplest case of adiabatic compressible turbulence
where the pressure is dependent only on the density via the
relation p o< p” with y the adiabatic constant, the Moisseev-
Shivamoggi prediction [43, 44] is that the energy spectrum of
the energy cascade is steeper and has slope k™% with a given
by
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The steeper spectral slope arises because of a distributed
energy dissipation throughout the inertial range by acoustic
waves. The Moisseev-Shivamoggi spectrum reads:

E(k) = C[p)’*l8276.*2](*(57*1)]1/(37*1). (6)

Here, C is a universal constant, p the density, ¢ the rate of en-
ergy injection per unit time and volume, and k the wavenum-
ber. The spectrum approaches the Kolmogorov spectrum

E(k) = Cp'3e23k~583, )
when y — oo and the Kadomtsev-Petviashvili spectrum
E(k) = Cec'k 2, (®)

when y = 1 [45]. Note that arbitrarily steeper slopes are pos-
sible, in principle, if 1/3 < vy < 1, but a spectrum steeper than
k=3 would violate the locality of the nonlinear interactions that
drive the energy cascade, and wouldn’t really represent phys-
ically a state of fully developed turbulence. Considering that
for small fluctuations the Winterberg Planck-mass plasma be-
haves as a compressible fluid with y = 2 [24], the energy
spectrum of compressible turbulence may be more relevant to
the problem at hand.

Let us now generalize Winterberg’s calculation of the en-
ergy spectrum of ZPF turbulence for the general slope a. As-
sume that the energy spectrum of the turbulent fluctuations
reads

Eturb(k) = Akia, (9)



where A is constant and a the scaling exponent. To estimate
the constant A, we follow Winterberg [22], and we assume
that the total energy of the turbulent fluctuations is

& = kpc?, (10)

where p is the average density of the universe and « is a con-
stant 0 < « < 1 that measures the degree of turbulence. We
estimate the density p with the critical density o which sep-
arates the open and closed universe scenaria:

3H?
pzpcritz%- (11
Here H is the Hubble constant and G Newton’s gravity con-
stant. We also assume that the largest eddies have length scale
of the order of the world radius R ~ ¢/H. It follows from
these considerations that the total energy £ also satisfies

e A 1
€= f AR dk = - (12)
1/R —anRrT

and combining (10) and (12) we find A:
A= (a—-1)kpc*R'™4. (13)

A related question, which was not addressed by Winterberg,
is how the energy is injected and dissipated for the turbulent
fluctuations of the field. On a cosmological scale there is an
amount of energy which is injected into the universe due to the
extension of the event horizon. This rate of energy injection
represents the total available energy and it is, of course, an
upper bound to the actual rate of energy injection into the ZPF
field’s turbulent fluctuations, which can be very much smaller.
Following this idea, it is possible to arrive to an alternative
derivation of the energy spectrum of the turbulent fluctuations
of the ZPF field.

If R is the radius of the event horizon, and ,oc2 the av-
erage energy density of the universe, then the rate with
which the horizon expansion increases the total energy is
pc(4nR?)(dR/dt). To get the rate of energy injection & we
must divide this quantity with the volume of the universe.
Thus, since the radius R expands with the speed of light (i.e.,
dR/dt = c¢), it follows that

47R*dR 1
e=p2 X (14)
dr  (4/3)nR3
=3pc?R e =3pc3R7!. (15)

Substituting & to the Moisseev-Shivamoggi spectrum, and us-
ing the speed of light for c, yields:

E(k) = C[p’)/—l(SpC3R—l)276—2]{—(5’)/—1)]1/(3’}/—1) (16)
- C[p37—1327R—27C67—2k—(57—1)]1/(37—1) (17)
~ pczR—z)’/(37—1)k—(SY—l)/(3J’—1)' (18)

It is easy to see that solving a = (5y — 1)/(3y — 1) for y gives
v = (1-a)/(5-3a) and that it follows that 2y /(3y—1) = a—1.
Thus, we can write E(k) in terms of a as follows:

E(k) ~ pc®?R'"4k™4. (19)

Here we have disregarded the numerical coefficients. We see
that we essentially recover Winterberg’s spectrum for the case
k = 1. However, if instead of pc? we use « pc? for the universe
energy density, we do not obtain exactly the same dependence
on k as we would from the generalization of Winterberg’s ar-
gument. So there is some ambiguity on how one should define
the degree « of the turbulent fluctuations.

III. ESTIMATING THE TRANSITION SCALE

We will now show that a steeper slope for the energy spec-
trum of the turbulent fluctuations gives a larger transition
length scale. However, we will see that there is no case that
gives a large enough length scale to be consistent with Gisin’s
experiments [16—19], unless, a smaller value of « is chosen.

The energy spectrum of the zero-point vacuum energy is
given by

Eyoc (k) = Tick®. (20)
The transition wavenumber ko where we may expect quan-
tum correlations to break can be estinated, in the sense of an

upper-bound, by matching the two energy spectra Ey,. (k) and
Ewrn (k) = Ak™¢, which yields

1
A 3+a
k~|— = ko. 21
(hc) 0 (21

Here we deviate slightly from Winterberg [22] who compared
the cumulative spectra instead. The advantage of this ap-
proach is that we don’t need to make the assumption that these
power laws hold at all scales. Instead, it is sufficient that they
hold around the intersection wavenumber.

Using the evaluation A = (a — 1)kpc?>R'~¢ the transition
wavenumber k( reads:
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This result generalizes equation (10) in Winterberg [22]. The
corresponding cross-over length scale reads

2
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On a decimal logarithmic scale, the order of magnitude of 1
is



1 3c’H
log 19 = log(2rm) — 374 [log SeGh

+logk +log(a—1) + alog (?)] . (26)

Let oy, 0G, 0, and oy be the measurement errors of the corresponding constants %, G, ¢, and H, and assume for simplicity
that these errors are statistically uncorrelated. The propagated statistical uncertainty is given by:

Ao 1* [840 1* [040 1* [040 T°
0'/210 = [%O'G + [W(fc + %O'h + ﬁO’H (27)
_ 1 /100'(; 2 a—2/100'c 2 1 /loO’r, 2 1 /l()O’H 2 (28)
[3+a G 3+a c 3+a h 3+a H |~
Consequently, in terms of the relative standard uncertainties e, = o./c, e = 0G/G, es, = on/h, ey = oy /H, and e, = o /k
we obtain
eé + (a— 2)26‘3 + e% + (a+ 1)26%{ + e,z(

2
T _
( Ao )

The 2006 CODATA recommended values for the universal
constants are: ¢ = 2997924583 m/s, G = 6.67428 x 10711 N
m2kg™2, h = 1.054571628 x 1073* J - 5. The correspond-
ing relative standard uncertainties are: e, = 0, eg = 1074,
en = 5-107°. Furthermore, the recent measurement [46]
of the Hubble constant by NASA’s Chandra X-ray Observa-
tory gives H = 77 km s™'Mpc™! (with 1Mpc = 3.26 - 10°
lightyears, we get H = 2.49 - 10~'® s71). The uncertainty of

(3 +a)?

J

98.045658 — 60.049519a — log k — log(a

-1

(29)

H is eg = 0.15, which is by far the dominant contribution to
0 4, We may thus estimate oy, practically via:

(%)z (a+ ey 30)

o (a+3)

From these evaluations we also obtain the following empirical
formula for the transition wavelength A

log 19 = log(2r7) — 3

The relevant slopes a are: Kolmogorov scaling with intermit-
tency corrections (i.e. a = 1.7), compressible scaling with
v =2 (@.e. a = 1.8). It is also worthwhile to consider the ex-
treme case a = 2 which corresponds to the shock-dominated
Kadomtsev-Petviashvili spectrum. For k = 1, we get the fol-
lowing transition scales: a = 1.7 gives g = (16 £ 1)m, a =
1.8 gives 19 = (53 +4)m, and a = 2 gives dg = (517 =46)m.
The transition scales are increased for x = 107 (Winterberg’s
choice) as follows: a = 1.7 gives 49 = (185 £ 15)m, a = 1.8
gives 49 = (587+51)m, and a = 2 gives 19 = (5172+465)m.
In all cases the transition scale is less than 11km. This sug-
gests that Winterberg’s choice for « is probably too large.

IV. WHAT « IS REASONABLE?

To get a good sense of what « is reasonable, we shall cal-
culate the energy dissipation rate & in terms of x. From the
Moisseev-Shivamoggi spectrum we see that A reads:

A=[p e VO D, (32)

€2y

Here we have assumed that the Kolmogorov constant is unity,
since we shall be doing only order of magnitude calculations.
Solving for £ we obtain

_ A37—l 1/2y ~ [(a _ 1)KpC2R1—a]3y_1 1/2y
€= | 2| T S 33)
e e
= [[(a - I)KRl_a]37_1p27C67]1/2y (34)
= pCS[(a _ l)KRl_a](By_l)/(ZY)_ 35)

This expression can be simplified further because the identity
2y/(3y — 1) = a — 1 implies that

(I-a)@y-1) _

2y -1. (36)

Thus the energy dissipation rate can be rewritten as
€= pc R (a—-1)k]V@D, (37)

To get some physical understanding, compare the amount
of energy dissipated over the entire universe under the rate &



during time ¢, with the energy that would be released by the
annihilation of N solar masses M. Then, NM¢? = R3¢, and
it follows that

&Rt pR7M[(a - Dk]V@DRY
M2 Mc?

_ pcR?t
M

(38)
[(a— D] ™D = No[(a - D@D, (39)

where Ny = pcht/M is a dimensionless constant. The re-
verse relation between « and N is:

1 (N
=) (40)

Using M = 1.98 - 103%kg (the mass of our Sun) and # = 1day,
yields Ny = 10°7. The value x = 107> that was proposed by
Winterberg gives N ~ 10*° for @ = 1.7. To get some sense of
what this means, consider the rescaled count

3 3
N =N (%) _N (‘77H) , @1)

with £ = 8 lightminutes, which is approximately the Earth-
Sun distance. We find Ny ~ 10° . This means that every
day, within the neighborhood of Earth’s planetary orbit, the
amount of the energy dissipated should be equal to the energy
that would be released by the complete annihilation of 10° so-
lar masses. For a = 1.8 this count increases to Ny = 10°
solar masses per day. Such an extraordinary amount of en-
ergy should have been somewhat conspicuous to all life on
Earth. This is why I believe that « should be chosen to be
much smaller.

As we have mentioned previously, turbulence requires both
a mechanism for injecting energy into the system, and a mech-
anism for dissipating the energy at large wavenumbers. The
question of finding a reasonable choice for the variable «, is
equivalent to the question of deciding on an upper bound for
the dissipation rate of the turbulent fluctuations of the ZPF
field. Naturally, the underlying problem is understanding the
physical mechanism responsible for dissipating the energy
cascade of ZPF turbulence in the first place.

Rather than speculate on the particulars of the dissipation
mechanism, we can simply assume that the rate of energy out-
put from the Sun is an extremely generous upper bound for
the rate of energy dissipation over a spherical volume around
the Sun that reaches the Earth. Since the Sun has an overall
lifetime of approximately 10 billion years (which is approx-
imately 10'? days), we can further overestimate the rate of
energy output by choosing Ny = 107!2 solar masses per day.
The corresponding « is a dependent, and it is given by

1[Ny (e 3\
=—|—|-—= . 42
K a—l(Ng({’H>) “42)
For a = 1.7 , this gives x = 9 x 107!8 | from which we get for
the transition scale 49 = 67 +5 km. The situation is improved

if we choose a = 1.8 . Then we get x = 2 x 1072 which gives
Ao = 630 £ 55 km. These numbers are extremely generous

underestimates for any reasonable evaluation of the transition
scale and they are both agreeable with Gisin’s experiments
[16-19]. The actual transition scale probably exceeds these
by some orders of magnitude and could be as large as, for
example, the Earth-Moon distance.

V.  CONCLUSION AND DISCUSSION

In the present paper I have shown that the model of the ZPF
turbulent fluctuations proposed by Winterberg [22] to account
for the conjectured breakdown of the quantum correlations is
plausible in the sense that it does not disagree with current
experiments. However, it is still unsatisfactory to not have a
clear understanding of where the turbulence gets the energy,
how the energy gets dissipated, and where it ends up after it is
dissipated. This aspect of the model requires further elabora-
tion.

The strange behavior of quantum-mechanical systems that
involves entanglement over large distances is a very tantaliz-
ing mystery. It has led most physicists to the very extreme
position of denying the existence of an objective reality un-
derlying quantum mechanics (the Copenhagen interpretation).
This prompted Einstein to comment in a memorable way on
the non-existence of God’s gambling addiction. A more mild
position along the same lines, which is still nonetheless a par-
tial denial of objective reality, is the “relational interpretation”
[47—49]. The idea here is to deny only as much of objective
reality as is necessary to make the existing problems go away.

Part of the mystery is that we don’t really understand what
the wavefunction really is. Winterberg [20] assumes that the
wavefunction is a genuine physical field that really collapses.
In the same paper he also reviews the early literature on the
subject. It is hard to accept this viewpoint and not expect the
collapse to propagate at a finite speed, or to not be disrupted by
possible noise in the mechanism that propagates it. From the
standpoint of the Bohmian interpretation, the wavefunction of
the combined physical system and the measuring apparatus
never really collapses. Nonetheless, even in the Bohmian in-
terpretation, one models (instead of deriving from first princi-
ples) the Hamiltonian governing the interaction between sys-
tem and apparatus during measurement. Furthermore, one can
expect a breakdown in quantum correlations if there is a small
amount of noise, presumably from subquantum processes, in
the guidance condition that determines the particle velocities
from the wave function.

There is also some controversy over the experiments that
have convinced us of the reality of quantum correlations in the
first place. It is believed by some that these experiments are
susceptible to certain “loopholes” (the locality loophole and
the detection loophole) that prevent them from being conclu-
sive [50-53]. There has been some interest in developing ex-
periments that tried to close the loopholes [54—60]. Nonethe-
less, the controversy continues [61]. It may turn out that, over
increasing distances, these experiments begin to fail gradu-
ally. The “loopholes” could then represent modes of failure
that are “irrelevant” at short distances but become increasingly
relevant over larger distances. Even if the particulars of the



model proposed by Winterberg turn out to be wrong, this un-
derlying issue of understanding the possible role of distance
with respect to entanglement remains.

Acknowledgments

The author would like to thank Dr. Friedwardt Winterberg
for his e-mail correspondance.

[1] D. Bohm, A suggested interpretation of the quantum theory in
terms of hidden variables. I, Phys. Rev. 85 (1952), 166—179.

[2] D. Bohm, A suggested interpretation of the quantum theory in
terms of hidden variables. I1, Phys. Rev. 85 (1952), 180-193.

(3] D. Bohm, Proof that probability density approaches |¢|? in
causal interpretation of the quantum theory, Phys. Rev. 89
(1953), 458-466.

[4] D. Bohm and J.P. Vigier, Model of the causal interpretation of
quantum theory in terms of a fluid with irregular fluctuations,
Phys. Rev. 96 (1954), 208-216.

[5] D. Bohm and B.J. Hiley, The undivided universe, Routledge,
London, 1993.

[6] P.R. Holland, The quantum theory of motion, Cambridge Uni-
versity Press, Cambridge, 1993.

[7]1 K. Berndl, D. Durr, and S. Goldstein ans N. Zanghi, Nonlo-
cality, Lorentz invariance, and Bohmian quantum theory, Phys.
Rev. A 53 (1996), 2062-2073.

[8] D. Durr, S. Goldstein, K. Berndl, and N. Zanghi, Hypersurface
Bohm-Dirac models, Phys. Rev. A 60 (1999), 2729-2736.

[9] V. Allori and N. Zanghi, What is Bohmian mechanics, Int. J.
Theor. Phys. 43 (2004), 1743-1755.

[10] A. Einstein, B. Podolsky, and N. Rosen, Can quantum-
mechanical description of physical reality be complete?, Phys.
Rev. 47 (1935), 777-780.

[11] N. Bohr, Can quantum-mechanical description of physical re-
ality be complete?, Phys. Rev. 48 (1935), 696-702.

[12] J.F. Clauser, M.A. Horne, A. Shimony, and R.A. Holt, Proposed
experiment to test local hidden-variable theories, Phys. Rev.
Lett. 23 (1969), 880-884.

[13] M.A.B. Whitaker, The EPR paper and Bohr’s response: A re-
assessment, Found. Phys. 34 (2004), 1305-1340.

[14] A. Aspect, J. Dalibard, and G. Roger, Experimental test of
Bell’s inequalities using time-varying analyzers, Phys. Rev.
Lett. 49 (1982), 1804-1807.

[15] PR. Tapster, J.G. Rarity, and P.C.M. Owens, Violation of Bell’s
inequality over 4km of optical fiber, Phys. Rev. Lett. 73 (1994),
1922-1926.

[16] W. Tittel, J. Brendel, H. Zbinden, and N. Gisin, Violation of Bell
inequalities by photons more than 10km apart, Phys. Rev. Lett.
81 (1998), 3563-3566.

[17] W. Tittel, J. Brendel, B. Gisin, T. Herzog, H. Zbinden, and
N. Gisin, Experimental demonstration of quantum correlations
over more than 10km, Phys. Rev. A 57 (1998), 3229-3232.

[18] R.T. Thew, S. Tanzilli, W. Tittel, H. Zbinden, and N. Gisin, Ex-
perimental investigation of the robustness of partially entangled
qubits over 11km, Phys. Rev. A 66 (2002), 062304.

[19] I. Markicic, H. de Riedmatten, W. Tittel, H. Zbinden, M. Legre,
and N. Gisin, Distribution of time-bin entangled qubits over
50km of optical fiber, Phys. Rev. Lett. 93 (2004), 180502-1.

[20] F. Winterberg, Wave function collapse as a real physical phe-

nomenon caused by vacuum fluctuations near the Planck scale,
Z. Naturforsch. 46a (1991), 746-758.

[21] F. Winterberg, Lorentz invariance as a dynamic symmetry, Z.
Naturforsch. 42a (1987), 1428-1442.

[22] F. Winterberg, Conjectured breaking of the superluminal quan-
tum correlations by turbulent fluctuations of the zero point vac-
uum field, 7. Naturforsch. 53a (1998), 659-662.

[23] M. Bordag, U. Mohideen, and V.M. Mostepanenko, New devel-
opments in the Casimir effect, Phys. Rep. 353 (2001), 1-205.

[24] F. Winterberg, Substratum approach to a unified theory of ele-
mentary particles, Z. Naturforsch. 43a (1988), 1131-1150.

[25] F. Winterberg, Derivation of quantum mechanics from the
Boltzmann equation for the Planck aether, Int. J. Theor. Phys.
34 (1995), 2145-2164.

[26] F. Winterberg, Planck scale physics and Newton’s ultimate ob-
Ject conjecture, Z. Naturforsch. 52a (1997), 183-209.

[27] F. Winterberg, Planck mass plasma vacuum conjecture, Z.
Naturforsch. 58a (2003), 231-267.

[28] F. Winterberg, Planck mass plasma analog of string theory, Int.
J. Theor. Phys. 45 (2006), 1107-1115.

[29] T.H. Boyer, Derivation of the blackbody radiation spectrum
without quantum assumptions, Phys. Rev. 182 (1969), 1374—
1383.

[30] T.H. Boyer, Classical statistical thermodynamics and electro-
magnetic zero-point radiation, Phys. Rev. 186 (1969), 1304—
1318.

[31] E. Eriksen and O. Gron, Lorentz invariant radiation, Am. J.
Phys. 55 (1987), 363-366.

[32] G. Amelino-Camelia, Doubly-special relativity: First results
and key open problems, Int. J. Mod. Phys. D 11 (2002), 1643—
1669.

[33] A.N. Kolmogorov, The local structure of turbulence in incom-
pressible viscous fluid for very large Reynolds numbers, Dokl.
Akad. Nauk. SSSR 30 (1941), 301-305, English translation
published in volume 434 of Proc. R. Soc. Lond. A.

[34] A.N. Kolmogorov, Dissipation of energy in the locally isotropic
turbulence, Dokl. Akad. Nauk. SSSR 32 (1941), 16-18, English
translation published in volume 434 of Proc. R. Soc. Lond. A.

[35] G.K. Batchelor, Kolmogorov’s theory of locally isotropic turbu-
lence, Proc. Camb. Phil. Soc. 43 (1947), 533-559.

[36] F. Winterberg, personal communication, 2007.

[37] H.L. Grant, R.W. Stewart, and A.Moilliet, Turbulence spectra
from a tidal channel, J. Fluid. Mech. 12 (1962), 241-263.

[38] M.M. Gibson, Spectra of turbulence in a round jet, J. Fluid.
Mech. 15 (1962), 161-173.

[39] Y. Kaneda, T. Ishihara, M. Yokokawa, K. Itakura, and A. Uno,
Energy dissipation rate and energy spectrum in high resolution
direct numerical simulations of turbulence in a periodic box,
Phys. Fluids 15 (2003), L21-L24.

[40] V.S. L'vov and 1. Procaccia, Hydrodynamic turbulence: a 19th



century problem with a challenge for the 21st century, Turbu-
lence modeling and vortex dynamics, Proceedings of a work-
shop held at Instabul, Turkey (Berlin) (O. Boratav, Alp Eden,
and Ayse Erzan, eds.), Springer-Verlag, 1997.

[41] V.S. L’vov and L. Procaccia, Analytic calculation of the anoma-
lous exponents in turbulence: using the fusion rules to flush out
a small parameter, Phys. Rev. E 62 (2000), 8037-8057.

[42] E. Gkioulekas, On the elimination of the sweeping interac-
tions from theories of hydrodynamic turbulence., Physica D 226
(2007), 151-172.

[43] S.S. Moiseev, A.V. Tur, and V.V. Yanovskii, Spectra and expec-
tation methods of turbulence in a compressible fluid, Sov. Phys.
JETP 44 (1976), 556-561.

[44] B.K. Shivamoggi, Spectral laws for the compressible isotropic
turbulence, Phys. Lett. A 166 (1992), 243-248.

[45] B.B. Kadomtsev and V.. Petviashvili, Acoustic turbulence,
Dokl. Akad. Nauk. SSSR 208 (1973), 794-796.

[46] M. Bonamente, M. K. Joy, S.J. LaRoque, J.E. Carlstrom, E.D.
Reese, and K.S. Dawson, Determination of the cosmic distance
scale from Sunyaev-Zel'dovich effect and Chandra X-ray mea-
surements of high-redshift galaxy clusters, Astrophys. J. 647
(2006), 25-54.

[47] F. Laudisa, The EPR argument in a relational interpretation of
quantum mechanics, Found. Phys. Lett. 14 (2001), 119-132.

[48] T. Filk, Relational interpretation of the wavefunction and a pos-
sible way around Bell’s theorem, Int. J. Theor. Phys. 45 (2006),
1205-1219.

[49] M. Smerlak and C. Rovelli, Relational EPR, Found. Phys. 37
(2007), 427-445.

[50] M. Ferrero, T.W. Marshall, and E. Santos, Bell’s theorem: Lo-

cal realism versus quantum mechanics, Am. J. Phys. 58 (1990),
683-688.

[51] E. Santos, Does quantum mechanics violate the Bell inequali-
ties?, Phys. Rev. Lett. 66 (1991), 1388-1390.

[52] E. Santos, Critical analysis of the empirical tests of local hod-
den variable theories, Phys. Rev. A 46 (1992), 3646-3656.

[53] E. Santos, The failure to perform a loophole-free test of Bell’s
inequality supports local realism, Found. Phys. 34 (2004),
1643-1673.

[54] A.Zeilinger, Testing Bell’s inequalities with periodic switching,
Phys. Lett. A 118 (1986), 1-2.

[55] G. Weihs, T. Jennewein, C. Simon, H. Weinfurter, and
A. Zeilinger, Violation of Bell’s inequality under strict Einstein
locality conditions, Phys. Rev. Lett. 81 (1998), 5039-5043.

[56] A. Aspect, Bell’s inequality test: more ideal than ever, Nature
398 (1999), 189-190.

[57] P. Grangier, Count them all., Nature 409 (2001), 774-775.

[58] M. A. Rowe, D. Kielpinski, V. Meyer, C. A. Sackett, W. M.
Itano, C. Monroe, and D. J. Wineland, Experimental violation
of a Bell’s inequality with efficient detection, Nature 409 (2001),
791-794.

[59] A. Aspect, To be or not to be local, Nature 446 (2007), 866—
867.

[60] S. Groblacher, T. Paterek, R. Kaltenbaek, S. Brukner,
M. Zukowski, M. Aspelmeyer, and A. Zeilinger, An experimen-
tal test of non-local realism, Nature 446 (2007), 871-875.

[61] E. Santos, Bell inequalities for a sensible family of local hidden
variable theories testable at low detection efficiency, Eur. Phys.
J. D 42 (2007), 501-509.



